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An ultrafilter is a truth-value assignment to the family of subsets of a set,
and a method of convergence to infinity. From the first (logical) property

arises its connection with two-valued logic and model theory; from the

second (convergence) property arises its connection with topology and

set theory. Both these descriptions of an ultrafilter are connected with

compactness. The model-theoretic property finds its expression in the

construction of the ultraproduct and the compactness type of theorem

of Lo$ (implying the compactness theorem of first-order logic); and the

convergence property leads to the process of completion by the adjunction

of an ideal element for every ultrafilter—i.e., to the Stone-Cech com-
pactification process (implying the Tychonoff theorem on the compact-

ness of products).
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congeries /kon-jé'ri-éz or kon'jo-réz/

noun (p/ conger'ies)

A collection, mass or heap

ORIGIN: L congeriés, from con- together, and gerere, gestum to
bring




©,

L o ulTY R IFE T A FILTER

VA ety S I 7 /"//17‘/‘/7

1) on )
/v/(//y 7/ / 7 7V L=

2
g / Yy
/ T ROV [ =

s
VU iv Al UL =

THERE 1S Vo <V / /41722 = NI=

)=/l V=T

7

74%23' VASER = 9 7/

Vs b AR X e A (rex)

Supposi= G 2D/~ .0 g

1o 72K

L= v /Qéé = cden s = 4] < (&

W= e T A e “o

D) < g ?é% s /4(/~

/7

/4”/ O VLIS

A= 7 =L //////ﬂ/?/ﬂ/c/ﬁ%/

LT V=R T

Ucrhrz 1929 , VARSI G 3e
Vi =R = RiRE [ REL UALTARATES

o A

opnvan /G I Y o S AIERRL

L/—\)V E/’O\/ =1LV Z2=/% < <1 /L =
S . ) ) YN & //// WWM_
D Vi A T & se YT

V=1LV =7




Prove :  FEsew's LE727/.

N = CQf?/éZf/?iESjé T = Ll LTS

o X < T TIS =S T )=

C o ITIONS o oy 'S [Jrrad,

= \/Lﬂ . C S RIS SRS R AR VoD

N 1= ;9/2@1/40 Y /AT /7

= = < SILEAT O INN

Vs
v/ S Y &

Rl Sl S

ZL)Q—«_‘_‘C.—WI "'\—/J

7z

WHRT DI (AL A7 %%5%/474,/

Cowsvpuc . OCW) —> 14,7/

Sudl i~ YT ,~087

i (fn]) = & n = A
— U /W) = 7
— VNS R— Ml A )3 )= /4//%/)+44//j/)

= //u - {ﬁs/ﬂ/(' Méﬁ):j/

/S oD L2 VRSV =/

o v RS L yr= L e o L)
Tsr=ns A H) = [T e
- 1o AL

JOI= 7/ W )=S  Stac L) D T AT S LT




@

C I I )70 eT1=2 ) 2da VIO o LA S

Fern < )= LT LR (A o X JR

A N s gn bl TR e TER
@D = A sarisries (VBeb ) A3 k)
Vil En A= (A
) E ]S = X gaw ol e (L
VirEaT A e o ) el
——%@ e XK e X i S EUL o X\

> —(4)  SpPIECIRC CASIE

/I Ol X ) = X e L

@——9@5 s= ALy < A v =1

N /M(&M)/(ﬂ//@u/?):é/)<

//\J/ﬂ/ﬂ/ e

(W Cet ) CnA e v CrBdd)

WeE crv /VCCMMC/%L :f——d)

/ /V(r&z)(C/)}/%:ﬁ/c/)

VoY A auveo s 78V V

suppos= pvor . Cy e UL vy i Gy K=o/
< é'//( — C,,,,ﬂ}@://
73 > P4
/( ) CA ) //Q /N ) — =
L "

oo T ARV 10

@ ——)@ 40//7/ eV A

(;——’{C . \/\SRC/(/H\/A?/)}@ <(ﬂ§
— X = /(4)/74_,(: /

T el Do 5 PDe

N & o P e =

NS N < D nd B ni3

7

)
/5 ARV

(= s /vl =1 LT LT




24
LD e G vhre S X

[y = e el vrea (SoR < [<
L =& i

(A s s, A=GC s, K=

(- ey G Be AF/cevEr

Wl VU A N = &

VANE D e (&

Wi=¢ ( (= IV L7 EN 4 C-M oz X \A </

Sus AN e (A L (=P DS Vo

XN e & g (XNA) ol =Sl
D CopV T I AP T o

So  Kle

JT Oy 7= on K

= )X ) = a TR E s TS E

)9S I= 22’( 7 i r s s PP

on X .

™\
(AL T ARGV IERS 2Dm S/

) ERpI NS K

I TEIERIE 1Sy T IS U TG FTLOEN

O N D TAIE ATy p S EIR= S

L o — ST DKL )R V3L S =

/e
A rree iy niricren. (A on O
/S S L eV = R S 7S i
Vel ~ 213 /= L= ORI LT nr
Cn = =0T =1 1= 04 /‘Ou S U FoSprii= M

7 ¥7nm ( 7 V771

o BA«LOWV)UTANA,) < 1)



/= i v a7

Va2 s VE/%; %(/d —> )

(%

V=8 = S /@ & (A Silrcsy FAA

_ /
,\Oz) T AIESLEE UL TR EILTERS EX/ST

CHl smys o= s

T L) ERE J9NE y790ELS o iriou T

V)9 /9 7SEN ot VAR FILTE K S,

U Roonrors Rozmde  rr2em00=20 7

Comgfﬂ Ll Tion R o A~/

/fy,\ P X ECY D Cotn TS VA=
/(&,/7/()7/0”8 /=001 G T
SN T L
4M7/;4 < <F§a/:mc& O/C/‘ Sy S
4\/(}( L L ey > A fallsns S
yo — A
e X, e &,q,s)(,
(%4 + ( X
S APV VE o L)L)
4/04 VAS CoA ST AV o)k 4—4~

/\C/«/LC/ VA7 S 7

AT 2,77V S 7 5/7/2?/?//)(/ ;/ﬂép(\/

wols v 1< X, 7

28

b=yt s/ 7ER 9T K s AL e
Nono Y 2 s S TS L
\/) i / l
J TR /= S = Sl U AT
/ N\
g = (L X )N\ .

N < an //1(')
>

2
A~ -



(is)

>, = I A
,7(/1/,_} = r7ia /<7M+] AN /9((, L= 44/

N ori= < Y = (o 4/7(/

CERY R )r L,

AN )?/l)m < X\NM < /9((',’('4 44/

C s s =xx, s
g - J o I W IVIEELT
/"7/7’9/'/\4

/
[ EPTINS

7

X =X

X@ = >< = >/z’l = ’-Xm‘-gfd 2¥><4/

24

Wil G/ 7 i 4//8 — >§/; CNX/

Y1s £I)V/IES Yol VHI=

STRONVE =T

>(/A/7/‘—\\/] X//l/ /S /Q/M//ﬁ/)/(
N SIS
== ANP I v

A Eir ER = on X s sicorpperi—

| F Fon IEVERY  SursFRriucy  f 4

o = wveavie | FE < g

T = S YENR STECTIon L)Y IS a f—

(W S)wcue san ¢

2w - (0/7//,[:?“5 — )(tékv/ﬂ/_/_;\vl;/)



%ﬂ IS VEERY SoplE 7=

‘ \
N — T or7p L VA~ — gé/ »(077/#/5&,7‘/:

AKE VI NE O — O vE 1= s

N7 cn e /) cA{n] =

M God

Nor o K C Horrz pornwe ]

)

/4/@ Y
= e L JTIRL=

Y S Lo ATS VO V=R

C AR DIVRL: ] EASURREE OVE

Y L= A Frort e, g

VA0 S ) Vol ) Y =

S — A0 TV E

\
_

/<) 73 EAL) 7TEASEE

WS RIS CUCAIR Ly ki

C = > S C Lo SELD Anw AN [3otiml=rD
\/CZ/(/}) [ Y 1S AV Sl D FF) ~COE I ARL
/Y /S oS EXC

EVIERy L r7/7 P orn? o
/S s <



/= X = Sup (o)
YHENV X

=X e cis =
—

VI /v VLER SiZcvrron 7
<Y Cco SE © S=v /¢S T oS = \/

a9 S ) cenn — DD sz
YA = X RIRIBITARIIR )

X = K, < X =<, =y

e <)) e C c))
Li=7 i = s uy « S = 4

/ " M /

/ /N L /
— < up X, <o YR
-~ 4 [274¢ 7(14_'}'/ Vd }/J

L <, . o/<ﬂ)/> /5= P

S Stz <= or B SETS
WV Fy o— = <.
VRN I= Y IIE ORI &/Q)
J— O (— N [ by, I
L / 7 C
o r v
/7}4///5/) & V)= AT /1 &
A</ SZ:@MttM(Z:/ NV e ed D
_/ /7 ( ¢/
//5 = /S‘O — /T/ - A"//X = _
< — { &~/
- [— <
‘4C> = —




)¢ <+ )+
- /-// ~
< o / (S S vl
Y‘ S )P [(é/lz Ay = )/}6\15 7\\
—
— S—M& 50,'# so J < C
< So N e
= 2> Cramia < =
| < < y//
—_ §M;/M 0¢.M40< 7 o
- = /)
= <

= > — (‘Mlﬁ/< ﬂ <

)
K<y T/

G P
VHE N S— 3u70(<>//\0</ A AVANNG

fﬂ _ //4 c 22 0 FHERE /S A cuy C}
woivis < e /9 )
/O 3 2. ) g g — g — ) [ T )T
 x 75 e P Oyl L vLE FIEVE/
D v ropsl THRIEOR Yy \06’/.7/7“
/ \
T ) 4 93— /)= p/—ﬁ/_,n S 2 7N 71
\ —~t & (&~ == /L,/vn/\//x//‘/ /

g

SUVA T IonELS YV FO/R /7

S eSS ey

<7 N
Y /=R e 7S 7o /KA




@

§///ﬁ//7/) Si— \/C;/ Lol =D T

i SE Guoves or <ans SIS

[lST CiwELy /L\C; = o

/N
/ )O\}L/—VL /—O( ) )() — J

/}/ — )N (L/D/ UT_>(§(<(X/)Z

£ 1 oL T 1 J

D/RSonIFL s v TER SECTIon

\:3

) et /S

L OSE P

Y 447 = 5'45‘

Y= A= LS U~ A D
/ AR
VA4 <,

So /LG—/? -y <

/ CY/ A )

S o 1= La*(//( 2 J £ D

i//% < /N, Ll A S @C/)/

— K (7l

/
< U S: TmW/X-ﬂC,\A <« C,
< A 7

—

ANISSen )T D

<p§

//\4)/( { 5:>//S /

=/’

.

<

/)

OZ_/
> > S, [,

(e

-
<o,

—

3m41753m / ézSZCK



7%

SNV Vs E o Y: SM/?M(B;

) s
s L S

| E X =D L= A
V24N

o T / et
{OL‘ =

Com =<
So > e <,

( ) S Y APR% I 1l VI LTSS

7

Vo crp spLlir 2} o 2T

M/él/vy U RV /oA 27 SV

s ST X T/a/V/éﬂ/z e SNOC Ao

14
/’/;4,4 -

/ . 7
Vamksla SN =

Fopor's Pr=ss/ve onn Zé’ﬁﬁ/ﬁ

D= S 2 VS ST IV SO I A

SI) ﬂ.ﬁ S o ) } S Sirc Ly

7’/—//H\/ /ﬁ\/@é} < < C << S\lal)

| HIE A ;F- | S Con SV aa Tl g s

A ST RV /o AR S E VD

—_—

L= oV THEY ot slery oL

—— T 4 &

o/ | y— 1] J= ) ) _— 7 297 < J— 77— r-
V 1 & 74 & /S yavi TS i e o<
Shck  THHT el NS __,>7t///4/7,#m




Wi= <C% Lo = 2 D

[ oo AT //): /7 &

O/)S =
a

T A= <L o= /) S

SV own” féo(/ —

> o Q<6CJ .

~ (<)

So  Fiw) =£ Foo) ,

X4 TN T et

Une fonction f(x), définie sur un sous-ensemble A de O et & valeurs
dans O, sera dite régressive si () < x pour tout z€ A, I'égalité étant exclue

sauf pour =1, si 1€ A. Un ensemble A de points de O est stationnaire §'il
est non dénombrable et si pour toute fonction régressive f(«) définie sur A,

on a gm f(2)< Q; autrement dit sil existe au moins un point a tel
x>, x€A .

—1
que f(a) soit non dénombrable. Dans tous les autres cas, A est non

stationnaire.
 Tatorime I. — Une condition nécessaire et suffisante pour qu’un ensemble soit
stationnaire est que tout sous-ensemble fermé de son complément soit au plus
dénombrable.
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