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(5) Prove that for any two natural numbers n and m (i.e., elements of the smallest inductive
set N) one of the following holds:

n ∈ m or n = m or m ∈ n.

(6) Let n ∈ N and let R0 and R1 be two total orderings of the set n. Show that (n,R0) ∼=
(n,R1) (i.e., there is an isomorphism between (n,R0) and (n,R1)).

(7) A set I is called Zermelo-inductive if ∅ ∈ I and if x ∈ I, then {x} ∈ I. Show that
if there is a Zermelo-inductive set, then there is a least Zermelo-inductive set (i.e., a
Zermelo-inductive set M that is a subset of all Zermelo-inductive sets). Show that this
set is transitive, but has non-transitive elements. Formulate an Induction Theorem for
this set (in analogy to the Theorem of Complete Induction on N).


